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a b s t r a c t
A new class of nanocomposite functional paint sensor is proposed, whereby an epoxy resin is mixed
with carbon black nanoparticles to make the sensor sensitive to mechanical excitations. A comprehensive analysis is presented to understand the underlying phenomena governing the operation of
this class of paint sensors. The analysis includes developing an electromechanical model which treats
the sensor system as a lumped-parameter system. The Debye and the Cole–Cole equations are utilized to model the behavior of the nanocomposite paint. The sensor equations are integrated with
a simple ampliﬁer circuit in order to predict the current and voltage developed by the paint sensor. Several experiments are performed to assess the validity of the proposed models of the paint
sensor system. First, impedance spectroscopy is employed to verify the validity of the Debye and
Cole–Cole models and to obtain the sensor electrical parameters. Then, experiments are carried out
to validate the piezoresistance model. Finally, the predictions of the electromechanical model are
experimentally veriﬁed by examining the dynamic response of the sensor system under cyclic loading.
The ultimate goal of this study is to demonstrate the feasibility of the proposed nanocomposite
functional paint as a sensor for monitoring the vibration, acoustics, and health of basic structural systems.
© 2008 Elsevier B.V. All rights reserved.

1. Introduction
Paints are commonly applied as ﬁlms on structures surfaces for
providing protective and decorative functions. When the paint possesses a sensing capability, the paint becomes functional or smart.
Recently, several attempts have resulted in the development of
smart paints which can be used as sensors for vibration, noise, and
health monitoring applications. The currently available functional
paints are complex and very expensive for practical applications.
For example, smart composite paints which are made of piezoelectric powder immersed in epoxy resin must be coated with layers
of electrodes and then poled using very high voltage to impart
the sensing capability to the paint [1–3]. Such a complex preparation processes make this type of paint very expensive. Furthermore,
expensive charge ampliﬁers are needed to monitor the capacitive
output signals of the smart paint sensor. Alternatively, the pressure
sensitive smart paints which modulate the light intensity through
a repeatable chemical interaction of the sensing layer with atmospheric oxygen require the use of an expensive photo-detector such
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as a CCD camera or photomultiplier tube for interrogation of the
paint [4].
Carbon black (CB) composite is another class of functional material that ﬁnds wide applications, e.g., in deformation sensing. The
composite consists basically of electrically conductive CB aggregates embedded in a polymer matrix. The composite conductivity
noticeably changes with the applied mechanical deformation.
Extensive research effort has been put forth to studying the percolation theory which is often used to describe the relationship
between CB contents and the direct current (DC) conductivity [5].
However, investigation of the sensing ability of CB composites is
focused on the detection of quasi-static effect. For example, the
work of Shevchenko et al. [6] focused on graphite ﬁlled polypropylene composites, which possess smart properties, such as a positive
temperature coefﬁcient of resistance and strain dependent conductivity. Along a similar direction, Kimura et al. [7] experimentally
illustrated the linear relationship between the logarithms of the
resistance and elongation. Furthermore, they developed a model
based on the tunneling junction model. Flandin et al. [8] evaluated
the DC electrical and mechanical properties of composites composed of conductive ﬁllers impeded into elastomer matrices. Zhang
et al. [9] presented a systematic work on the piezoresistance effects
of electrically conducting composites which are subject to uni-axial
pressure. The investigation experimentally veriﬁed the theoretical
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model for the piezoresistance. In another work, Zhang et al. [10]
extended their former investigation to study the time dependence
of the piezoresistance. Knite et al. [11] proposed the use of carbon black nanocomposites as tensile strain and pressures sensor.
The investigation included experimental results and a theoretical
model based on that of Zhang et al. [9]. In a recent work, Wang et
al. [12] studied the conduction mechanism in CB composites using
impedance spectroscopy. Three equivalent-circuit models are proposed for the various regions of percolation theory curve. Another
group of investigators [13,14] studied the piezoresistive behaviors
of graphite composites under static pressures. Das et al. [15] is
focused on the variation of the resistivity of CB and short carbon
ﬁber composites with the degree of strain at constant strain rate.
In this work, a nanocomposite paint is proposed whereby an
epoxy resin is mixed with carbon black nanoparticles to make it
act as a functional composite. The paint sensor is very simple and
capable of monitoring vibration and noise down to a quasi-static
frequency of ≈0 Hz. Accordingly, simple electrical circuits can be
used to measure the changes in the current and voltage developed
by the paint sensor.
It is also important to mention that the proposed paint can be
easily applied to structures of complex shapes and can act as a
continuously distributed sensor over very large areas of structural
surfaces. The proposed paint sensor can be used in numerous applications ranging from monitoring infrastructures, payload fairings of
launching vehicles, ﬂexible space structures, as well as many other
critical structures that are only limited by our imagination.
In the present study, the objective is to develop a comprehensive
model of the paint sensor system for vibration, noise, and health
monitoring applications. A lumped-parameter approach is used to
obtain the paint sensor equations. Furthermore, impedance equations are presented to estimate the electrical parameters of the
paint sensor. Hamilton’s principle for electromechanical systems is
employed to derive the dynamic equations of the sensor system. The
developed models are veriﬁed experimentally by examination of
the impedance spectrum, piezoresistance, and dynamic response.
The paper is organized in four sections. Section 1 brieﬂy summarizes the literature review. In Section 2, the equivalent circuit model
of the functional paint is developed using the Debye and Cole–Cole
equations. Then, estimates of the paint electrical components are
obtained from the impedance equations. An electromechanical
model is derived for the paint sensor system using the Hamilton’s
principle. The model is based on an equivalent circuit representation which treats the real sensor system as a lumped-parameter
system. The sensor system equations are integrated with a simple electrical circuit to enable the measurement of the current
and voltage developed by the functional paint sensor. Section 3
presents experimental validations of the predictions of the developed models and provides assessments of the static and dynamic
performance characteristics of the paint sensor system. Section 4
summarizes the major conclusions and recommendations of the
present study.

Fig. 1. Sample of a paint sensor.

is assumed to form a continuum phase of a spherical shape. Moreover, each CB aggregate possesses high-structure of high electrical
conductivity. The weight fraction loading of the carbon black phase
is assumed to be within the percolation region.
The principle of sensing can be best understood by considering the schematic circuit shown in Fig. 2. This circuit enables the
measurement of the current and/or voltage developed by the paint
sensor. A voltage source, uin , along with a series resistor, R0 , is used
to bias the sensor. When the sensor is subject to external vibration
or acoustic excitations, its electrical properties are altered and so are
the current and voltage of the bias resistor. The resulting changes are
proportional to the external excitations. The representation of Fig. 2
illustrates the basic conﬁguration of the sensor measurement system that can be used as load (force, pressure) and/or deformation
(displacement, strain, velocity, etc.) sensor.
2.2. Equivalent lumped-parameter models
The paint sensor is basically an electromechanical transducer
which can be described by the constitutive (characteristic) equations of the sensor and the equations of motion of sensor structure
along with the associated boundary conditions. The equivalent
lumped-parameter approach can be used to replace the system
governing equations with a lumped-parameter electrical circuit
whose elements physically represent the sensor electromechanical properties such as the capacitance, resistance, mass, stiffness,
and damping [16]. The equivalent circuit method is attractive in
the sense that the sensor system can be cast in a single representation. Furthermore, the equivalent circuit method is often used to
model and analyze coupled domain devices including electrostatic
transducers [17], piezoelectric devices [18], ionic polymer [19], and
electroacoustic devices [20].
In what follows, the equivalent lumped-parameter approach
will be used to obtain the paint sensor equations.

2. Model development
2.1. Nanoparticle paint sensor
The proposed paint sensor is a conductive composite, as shown
in Fig. 1, whereby a polymer resin is mixed with CB aggregates to
make it electrically conducting and functional.
The geometric scale of the aggregate can, in general, range
from nanoscale to microscale. Furthermore, the composite sensor
is assumed to be homogeneous on the macroscale.
To facilitate modeling formulation, the real microstructure of
the sensor is simpliﬁed as illustrated in Fig. 2. The primary aggregates consist of many CB nanoparticles, where each CB aggregate

Fig. 2. Schematic circuit of the sensor.
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Letting  = Rg

Cg , the impedance (5) is reduced to

1
(1/Rg ) + (1/rω ) + jωcω

ZC–C = Ra +
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(6)

with frequency dependent resistor and capacitor given by

2.2.1. Ideal components, Debye model
The simplest equivalent circuit mimicking the impedance of
electrically conducting composites can be modeled by a Debye
equation. The equivalent circuit of this model consists of a resistance, Ra , connected in series with parallel Rg –Cg elements [12],
as shown in Fig. 3. The resistance Ra is the overall carbon black
aggregates resistance of the composite. The gaps between the carbon black aggregates are equivalent to resistor–capacitor elements.
These parallel elements Rg and Cg are the overall gaps resistance
and capacitance of the composite, respectively. The Ra , Rg and Cg
components are considered ideal, that is frequency independent,
and are estimated from the impedance spectrum of the sensor. The
frequency dependent impedance of this composite sensor is
Rg
1 + jω

with
 = Rg Cg ,

j=



(1)

−1

(2)

where ω(=2f) is the angular frequency and  is the characteristic
time of the equivalent circuit. The real and imaginary parts of the
Debye impedance (1) can be extracted, respectively, as

ZDebye
= Ra +

ZDebye
=−

Rg
1 + (ω)2

ωRg 

(3)

1 + (ω)2

The ideal components Ra , Rg and Cg can be estimated from the values


of ZDebye
and ZDebye
. At low frequency, the value of the real part is
Ra + Rg , however, this value reduces to Ra at very high frequency.
When the frequency reaches (1/), the imaginary part attains a


maximum value of Zmax
= ZDebye
(ωmax = (1/)) = −(Rg /2). At this
frequency, ωmax , the capacitance of the composite can be calculated
via Cg = (1/(Rg ωmax )).
2.2.2. Frequency dependent components, Cole–Cole model
The Debye model presented in the previous section is useful
in describing a composite sensor with impedance possessing frequency independent parameters. When the matrix of the composite
sensor is made of polymer, the impedance parameters become frequency dependent. For such a case, a good representation can be
obtained by the Cole–Cole empirical equation:
ZC–C = Ra +

Rg
1 + (jω)

˛

1
ω˛ Cg˛ cos(˛/2)

cω =

ω˛ ˛
C sin(˛/2)
ω g

ZC –C = Ra +
ZC–C = −

Re
1 + (ωw )2

ωRe ω

Rg
1+ω˛  ˛ cos(˛/2) + jω((ω˛ /ω ˛ ) sin(˛/2))

where
ω = Re cω , Re =

Rg rω
Rg + rω

(9)

The equivalent circuit of the Cole–Cole impedance (6) can be represented graphically, as shown in Fig. 4. In Cole–Cole model, four
parameters should be estimated; Ra , Rg , Cg and ˛. The dimensionless
positive number ˛ is obtained from ﬁtting the data. The components Ra , Rg and Cg can be estimated from the values of ZC –C and
ZC–C . For ˛ = 1, it should be clear that the resistor term in (6), 1/rω ,
vanishes and the capacitor, cω , becomes Cg leading to the Debye
model.
2.3. Governing equations of the sensor system
The sensor system depicted in Fig. 2 is modeled as shown in
Fig. 5. This model is a lumped-parameter model which treats the
mechanical domain as a single degree of freedom system. The circuits shown in Figs. 3 and 4 are adopted for the sensor electrical
domain. Depending on the model used, the sensor impedance, Zs ,
can be taken from the Debye (1) or the Cole–Cole (6) equation.
The mechanical elements are the equivalent mass, m, the equivalent stiffness, K, and the equivalent damping coefﬁcient, b. When
the sensor is disturbed by a force F(t), the mass is displaced by an
amount x(t). The mechanical disturbance is converted into electrical current signal which ﬂows in part through the resistor, R0 ,
thereby changing the output voltage ū(t). This voltage is considered
as measure for the force or velocity.
When the sensor is electrically and mechanically unloaded, the
distance between the two electrodes is x0 . But, when the sensor
is subjected to only a DC bias voltage, the bias voltage generates
an attractive force between the electrodes and an equilibrium state

(4)

(5)

(8)

1 + (ωw )2

where ˛ is a dimensionless positive parameter with values in
the range, 1 ≥ ˛ ≥ 0. Using De Moivre identity, j˛ = cos(˛/2) + j
sin(˛/2), the impedance (4) is expanded as
ZC–C = Ra +

(7)

where Ra , Rg and Cg are frequency independent elements. The real
and imaginary parts take form similar to those of the Debye model
(3) and are given, respectively, as

Fig. 3. Equivalent electrical circuit of the ideal, Debye, model.

ZDebye = Ra +

rω =

Fig. 4. Equivalent electrical circuit of the Cole–Cole model.
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accounted for in the dissipation function, and Ek denotes the nonconservative voltage.
With reference to Fig. 6, the electrical charges in the sensor system are given by
Q̄1 (t) = Q1dc + Q1 (t)

(14)

Q̄2 (t) = Q2dc + Q2 (t)

and

where Qidc (i = 1, 2) is the charge due to a DC bias and Qi (t) is the
charge created by the excitation.
For Debye model, the various energy contributions to the
Lagrangian are
1
mẋ2 ,
2
1
2
V = K(x + d) ,
2
1
Q̄ 2 .
and We =
2Cg 2
T∗ =

Fig. 5. Lumped-parameter representation of the paint sensor system.

is attained. At the equilibrium state, the two electrodes are separated by a distance xdc , and the sensor is deformed by a distance
d = x0 − xdc . The equilibrium distance xdc is obtained by balancing
the sensor stiffness force with the electrostatic force of the dc bias.
This is derived as
Kd =

2
Qdc

2εA

⇒ xdc = x0 −

2
Qdc

2KεA

(10)

where Qdc denotes the charge in the sensor electrodes due to dc bias,
ε denotes the effective permittivity of the sensor, and A denotes the
area of the electrodes.
Hamilton’s principle for electromechanical systems will be used
to derive the governing equations of the sensor system. In the
interest of simplicity, the derivation will only consider the Debye
equivalent circuit of the sensor as shown in Fig. 6. Hamilton’s
principle yields the following Lagrange’s equation for the electromechanical systems [21].
d
dt



and



∂L
∂żi

+

d
dt



∂D
∂L
−
= Pi
∂zi
∂żi



∂L
∂Q̄˙

+

k

where T* is the kinetic energy, V is the potential energy, and We is
the electrical energy of the sensor system.
With reference to Figs. 5 and 6, the dissipation energy function
is given as



1
D=
2

(11)

ıWnc = F(t)ıx + uin ıQ̄1

εA
xdc − x(t)

Cg =

ıWnc =

n

i=1

Pi ızi +

l


Ek ıQ̄k

(13)

k=1

is the virtual work of all non-conservative elements. Where Pi
includes all the non-conservative mechanical loads which are not

(18)



1−

x(t)
xdc



e−s0 (x(t)/xdc )

(19)

with

4 
2me ϕ
h

s0 = D

3

(20)




−1
6

(21)

where Rgdc is the overall gap resistance at equilibrium, D is the CB
aggregate diameter, is the CB volume fraction, h is the Plank constant, me is the electron mass, and ϕ is the height of the potential
barrier between adjacent carbon black aggregates.
Using Eqs. (14)–(18) in the Lagrange’s Eq. (11) and carrying out
some mathematical manipulations yields the governing equations.
mẍ + bẋ + Kx −

Q2dc
Q2 = F,
εA

(R0 + Ra )Q̇1 − Rg (Q̇2 − Q̇1 ) = 0,
and

Fig. 6. Electrical circuit of the sensor system.

(17)

Furthermore, the overall gaps resistance Rg varies with the sensor
deformation according to [9]



The Lagrangian (12) accounts for all the conservative elements in
the system and

(16)

The capacitance of the overall gap, Cg , varies with displacement of
the movable electrode about the equilibrium position according to

=

(12)

2 

and

with the Lagrangian given by
L = T ∗ − V − We



2
bẋ + (R0 + Ra ) Q̄˙ 1 + Rg Q̄˙ 1 − Q̄˙ 2
2

Rg = Rgdc

∂D
∂L
−
= Ek
∂Q̄k
∂Q̄˙ k

(15)

Rg (Q̇2 − Q̇1 ) +

(22)

xdc
Q
Q2 − 2dc x = 0.
εA
εA

The above Eq. (22) represents the nonlinear dynamic behavior of
the sensor system. The nonlinearity is seen in the terms containing
Rg where x(t) is embedded. The displacement, x(t), is coupled with
the electrical charge Q2 (t) via the electromechanical coupling factor
(Q2dc /εA). Furthermore, the displacement, x(t) which is hidden in
the Rg terms, can affect the electrical response of the system.
In general, the output voltage drop in the resistor R0 and the
voltage across the paint sensor are available for measurement. Since
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they differ only by the excitation voltage, which is known uin , it is
sufﬁcient to consider only one of them. The voltage drop in the
resistor R0 is given as
ū = R0 Q̄˙ 1

(23a)

or
ū = udc + u(t) = R0 Q̇1dc + R0 Q̇1

(23b)

The ﬁrst term in (23b) is the voltage drop in the resistor at equilibrium, while the second term is due to the mechanical excitation.
Solving the system (22) for a given excitation F(t) provides solutions for x(t), Q1 (t), Q2 (t) and their derivatives. This solution set can
readily be used to obtain u(t) and ū.
2.4. Mechanical elements
The mechanical elements of the composite sensor are represented in Fig. 5 by K, m, and b. For an axial bar, an expression for
the mechanical equivalent stiffness can be derived by considering
the quasi-static relationship between applied force and the produced deformation. For small deformations, the axial load and the
deformation are related through
F=

(24)

E  = Ep 1 + 2.5 + 14.1

2

(25)

where E is the sensor elastic (storage) modulus (the elastic modulus
of the composite sensor is complex due to the polymer matrix),
Ep is the elastic (storage) modulus of the polymer matrix, and
is the volume fraction of the CB ﬁller.Eq. (24) leads to the sensor
equivalent stiffness
E A

(26)

x0

Similarly, the equivalent mass of the sensor is obtained for
composite bar. This is achieved by combining the quasi-static bar
stiffness with the bar’s natural frequency. For axial vibration, the
fundamental frequency of a ﬁxed-free bar is
ω=

E


x0

(27)

where is the composite sensor density. This density can be estimated by using the rule of mixture.
For a one degree of freedom system the relationship
K
m

ω=

Table 1
Estimated electrical parameters of equivalent circuits (mechanically unloaded).
Model

E A
x
x0

with [22]

K=

Fig. 7. Real Z and imaginary Z impedance spectrum.

Debye
50 mV excitation
Cole–Cole
50 mV excitation
3 V excitation

Rg ( )

Ra ( )

Cg (×10−11 F)

˛

500

56

54.332

–

540
485

20
15

3.4332
3.461

The equivalent damping coefﬁcient is obtained by solving Eqs.
(26), (27) and (30).
b=

2  
E
A


(32)

It should be mentioned that Eq. (25) is also applicable to determine
the loss modulus (E , Ep instead of E and Ep , respectively).
3. Models veriﬁcation
3.1. Impedance spectrum
To obtain quantitative information from the sensor model presented in Section 2.3, one must ﬁrst determine values for several
electrical parameters. Experimental impedance spectroscopy is
employed in this work to verify the validity of the Debye and

(28)

can be used to estimate the equivalent mass of the paint sensor.
Solving Eqs. (26)–(28) for the equivalent mass yields
m=

4x0
A
2

(29)

Finally, the damping term is derived using the damping the
complex modulus E = E + jE of the composite sensor and the relationship [23]
ω=

K
b

(30)

with the lost factor
=

E 
E

where E denotes the loss modulus.

0.645
0.655

(31)
Fig. 8. Complex impedance spectrum.
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Fig. 9. Complex spectrum of a sensor biased by a signal with amplitude of 3 V.

Cole–Cole models and to obtain the electrical parameters. All of the
experiments were performed on a paint sensor which consists of
10 wt% CB aggregates embedded in a polyurethane matrix. A Tissue
Tearor mixer (Model 985370, BIOSPEC Products, Inc., Bartlesville,
OK (http://www.biospec.com) is used to ensure the homogeneity
of the paint.
The CB used was acetylene black, from Alfa Aesar Company, with
an average particle size 42-nm, a surface area 75 m2 /g, a density
2.26 g/cm3 and a bulk density 94.5–102.5 kg/m3 [24]. The matrix
used was 60A polyether-based urethane, from Forsch Polymer
Corp., with a density 1.08 g/cm3 and an elastic modulus 2–3.8 MPa
[25]. The loss factor of the urethane is 0.12, which was obtained
experimentally. The relative dielectric constant of the urethane is
5.0–8.8 [26].
Samples were fabricated by hand mixing the urethane and CB
and pouring the mixture in a metal mold for one day. The samples
were then cut into disk shape, coated with surface electrodes made
of conductive silver paint, and connected with leads. The samples
were 24.6-mm diameter and 0.942-mm average thickness.
The impedance spectra were measured at room temperature
using impedance analyzer, Hewlett Packard 4192A LF, over the frequency range from 5 Hz to 4 MHz. The analyzer was set on a series
mode, and the samples were excited by a signal with amplitude of
50 mV.

Fig. 10. Measured and predicted relative resistance change.

Fig. 11. Experimental set-up for the dynamic response.

Fig. 7 shows the real Z and imaginary Z impedance spectrum in
the frequency range from 5 to 4 × 106 Hz. The ﬁgure contains plots
from the experiments, Debye and Cole–Cole models. The Debye
curves are calculated using Eq. (3) and values of Ra , Rg and Cg that
best ﬁt the experimental data and as described in Section 2.2.1.
Similarly, the Cole–Cole spectra are determined using Eq. (8) and
values of Ra , Rg , Cg and ˛ that best match the experiments and
as described in Section 2.2.2. The evaluated values of the parameters are given in Table 1. When compared to the experimental
results, it is observed that the Debye model provides good predictions for frequency range less than 1 kHz. On the other hand,
the Cole–Cole predictions agree quite well with the experimental
results for all frequencies. Furthermore, Fig. 7 shows that the imaginary impedance Z is close to zero at frequency below one kHz.
This indicates that the current bypasses Cg and ﬂows only thru Rg
branch.

Fig. 12. The applied dynamic stress.
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the experiments verifying the validity of the model (19). At small
applied stress, the results show that the relative resistance varies
almost linearly with the compression stress.
3.3. Dynamic response

To further conﬁrm the validity of the models, the results are plotted in the complex impedance spectrum as shown in Fig. 8. Here
again the Cole–Cole results agree well with those of the experiments, while the Debye curve matches the experimental data only
at low and very high frequencies.
Since the proposed sensor system operates under the inﬂuence
of an external DC excitation, the effect of a DC bias on the impedance
spectrum is also investigated. Fig. 9 shows the complex spectrum
of a paint sensor biased by a signal with amplitude of 3 V. At low
frequency, it can be seen that the presence of a bias voltage reduces
the values of Ra and Rg when compared with those of an unbiased
sensor. The bias voltage creates attractive force between adjacent
aggregates which decreases the separation distance and the sensor
resistance. At very high frequency, the bias voltage has no effect on
the impedance.

The dynamic model (22) of the paint sensor system is solved
numerically and veriﬁed experimentally. The experimental measurements are performed using the test set-up shown in Fig. 11.
The paint sensor sample is identical to that described in Section 3.1.
The sensor is subjected to a uniaxial dynamic stress which is generated by a shaker. The applied stress is a compression–compression
cycling with oscillation frequency of 100 Hz, as shown in Fig. 12.
It should be mentioned this low excitation frequency is considered to assure the accuracy of the Deybe model which is used in
the dynamic model. A voltage source, uin = 3 V, and a series resistor,
R0 = 560 , are used to bias the sensor. The dynamic response of the
sensor is measured via reading of the AC voltage developed in the
sensor.
The predicted response of the sensor is obtained by solving the
Eq. (22) with input force F(t) identical to that of experiments. The
Runge–Kutta method is used to numerically determine the solutions for x(t) and the voltage drop in the sensor.
Fig. 13 shows the predicted displacement x(t) of the movable
electrode. The displacement curve contains two parts; a constant displacement caused by the initial compression stress and
a ﬂuctuating displacement created by the dynamic cycling. The
displacement proﬁle precisely follows that of the applied stress.
Fig. 14 shows the predicted and experimental voltages drop
in the sensor. It is observed that the calculated voltage reasonably matches the experimental values. However, the model results
slightly overestimate the sensor voltage in particular at the peaks.
It is believed this difference in results is due to model assumptions.
The model ignores the effects of the applied load on the resistance
Ra . Furthermore, the model treats each CB aggregate as a continuum
phase of a spherical shape which is not true.

3.2. Piezoresistance

4. Conclusions

The paint sensor described in Section 3.1 is used here to verify
the piezoresistance model (19). The sensor is subjected to compressive stresses created by weights, and the sensor resistance was
measured by a digital multimeter. Fig. 10 shows the measured and
the predicted relative resistance change as function of the applied
stress. Clearly, the predicted results are in good agreement with

The electromechanical model developed in this work provides
physically valuable and compact means of analyzing a new class
of functional paint sensor. The model describes the paint sensor as a resistance connected in series with parallel RC elements.
The impedance of the sensor possesses frequency independent
or dependent parameters depending on the considered model:
Debye or Cole–Cole equation. The electrical impedance expression
is beneﬁcial for the estimation of the sensor electrical parameters. The model formulation exploits the capacitance element in
the equivalent circuit to develop the electromechanical constitutive equations; hence, the electromechanical coupling is similar to
the one used for electrostatic systems. The equivalent circuit analysis of the sensor system reveals nonlinear relationships between
the electrical and mechanical variables. The nonlinearity is caused
by the gap resistance. The sensor system equations offer straightforward relations between the mechanical excitation inputs (force,
velocity or displacement) and the electrical output signals (voltage
or current).
The experiments presented, in this work, demonstrate the validity of the proposed models for both the functional paint and the
sensor system. The results verify the validity and applicability of
the Debye and Cole–Cole equation to estimate the electrical parameters. Furthermore, the results show that the Debye equation can
reasonably mimic the paint sensor for frequency below 1 kHz as
shown in Fig. 7. The Cole–Cole model can predict the sensor behavior for all frequencies although it is relatively arduous to work with

Fig. 13. Predicted displacement x(t) of the movable electrode.

Fig. 14. Predicted and experimental voltages drop in the sensor.
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(Figs. 7–10). The experiments illustrate also the accuracy of the
piezoresistance model. Finally, the dynamic response is calculated
numerically and veriﬁed experimentally by examining the sensor
outputs under cyclic loading.
Future investigation should include optimization of the design
parameters and ingredients of the functional paint, and experimental evaluation of the merits and limitations such as the band width
and drift of the proposed paint. Among the important parameters
that should also be considered are the properties of the epoxy resin,
mixing ratios of the different ingredients, powder particle sizes, the
curing parameters of the paint, the thickness of the paint layer, and
the spray parameters. The evaluation of the effect of these parameters on the performance of the sensor is a natural extension of the
present work and is a subject to an extensive study.
It is envisioned that the theoretical and experimental techniques
presented in this paper will provide the foundation for developing
paint sensors for numerous applications ranging from monitoring infrastructures, payload fairings of launching vehicles, ﬂexible
space structures, as well as many other critical structures that are
only limited by our imagination.
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